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Introduction motivation
The limit 
Theorem  Let c be any real number and let
The proof of Theorem  given in [] is based on the following double inequality for every x in  < x ≤ :
where
But, this proof has a major objection, namely, for the reader it is very difficult to observe the behavior of u n (c) as n → ∞.
In this note, we will establish an integral expression of u n (c), which tells us that Theorem  is a natural result.
Main results
To establish an integral expression of u n (c), we first recall the following result we obtained in [] .
Now, we establish an integral expression of u n (c). Equation (.) implies the following results:
Hence by (.), (.), (.), and (.), we have
Note that
Therefore, from (.)-(.), we obtain the desired result:
From (.), we get immediately
Conclusions
We have established an integral expression of u n (c), which provides a direct proof of Theorem  in [] and tell us that Theorem  is a natural result. We believe that the expression will lead to a significant contribution toward the study of Keller's limit. 
